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<@ is the Weierstrassian ¡j?-function, oi=iri, w' = logr, 2r¡ is the increment of the Weierstrassian f-function related to the half-period co. (We note that since the first half-period co = iri, the value of the g>-function does not depend on the value chosen for log(zt).) Using the Legendre equation -nu' -rj'w =wi/2 (real(c//iw) > 0), (1) can be written as (4) íj'/co' + Piri) < 0.
We prove next that, for every 0<r<l, (4) holds. Consider the new pair of primitive half-periods, ¿>= -log r, ¿>'=iri. We then obtain Since the right-hand side of (6) for ¿>= -log r, ¿/ =nri, and u=iri is negative for all 0<r<l, (4) holds. This completes the proof of Theorem 1.
Theorem 2. Every doubly-connected Lu Qi-Keng domain in C1 is pseudoconformally equivalent to a disc with the center deleted.
Proof. Let D be a doubly-connected Lu Qi-Keng domain in C1. It must be pseudoconformally equivalent to one of the three following domains:
(1) a plane with the center deleted, (2) a ring (0<r<|z| <1), (3) a disc with the center deleted. However, the Bergman function for the domain {zlz^O} is identically zero, and the Bergman function for the ring posseses zeros by Theorem 1. Since the class of Lu Qi-Keng domains is invariant under pseudoconformal transformations, (1) and (2) do not occur.
Theorem 3. For every &|ä3, there exists a domain DEC1 of connectivity k which is not a Lu Qi-Keng domain.
